By a direction we mean a pair (p, q) of integers such that gcd(p, q) = 1 and p > 0 or q > 0. If (p, g) is a direction then we say that a nonzero polynomial fe k [ 
x,y] is a (p, q)-form of degree n if / is of the form pi + qj=n
where a υ e k.
The following two facts are well known THEOREM 0.1 ( [1] , [3] , [2] ). Let (p, q) be a direction and let f and g be (p, q)-forms of positive degrees. If [/, g] -0 £/&ew ίΛerβ exists α (p, g)-form h such that f ~h m and g -h n , for some natural m, n. Theorem 0.1 plays an essential role in considerations about the Jacobian Conjecture (see for example [1] , [3] , [2] , [5] ). Theorem 0.2 is also a consequence of Theorem 0.1.
THEOREM 0.2 ([2], [7]). Let f and g be polynomials in k[x, y] and assume that [f,g] is a non-zero constant Put άeg(f)
In this note we show that Theorem 0.1 is a special case of a more general fact. We prove (see Section 1) that if / and g are non-constant polynomials in k [x, y] 
Denote also by C k (f) the ring of constants for d f , that is, Note the following obvious proposition 
Since / and g do not belong to k, f x φ 0 or f y Φ 0, and also g x Φ 0 or g y Φ 0. Assume that f x φ0 and g y Φ 0 (in the next cases we do the same procedure).
Note also the following proposition which is a simple corollary to [6] Theorem 2.8. PROPOSITION 
If f ek[x,y]\k then there exists a polynomial he k[x 9 y] such that C k (f) = k[h].
As an immediate consequence of Propositions 1.2 and 1.3 we obtain THEOREM 
Let f, ge k[x,y] \k. If [/, g] = 0 then there exist a polynomial h e k[x, y] and polynomials u(t), v(t) e k[t] such that f = u(h) and g -v(h). § 2. Closed polynomials in k[x, y]
We see, by Proposition 1.
is trivial. Now we shall give a description of the case:
We shall say that a polynomial /e £[ 
and hence in the family Jί there exist maximal elements. THEOREM 
Let fek[x,y]\k.
The following conditions are equivalent.
( 
Certain examples of closed polynomials may be obtained by the following two propositions. PROPOSITION 
Let f,g£k[x,y]. If [f,g]ek* then f and g are closed.
Proof. Without loss of any generality we may assume that / and g have no constant terms and that [fg] = 1.
Consider the £-endomorphism F of the ring k\x, ύ\ (the power series ring over k) defined by F(x) = F(y) = g. We know, by [4] , that F is a /^-automorphism of k\_x,y\. As an immediate consequence of Lemma 3.6 we obtain where α 0 , ---, a n e k, a n Φ0 and n > 
